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The effects of the electron-electron interactions in graphene has recently
become a hot and highly debated topic. In the early times of the graphene
boom, it was widely assumed that the main features of graphene could be rea-
sonably studied using independent particle models. Theoretical work which
did not include interactions where highly successful in explaining the anoma-
lous features observed in the Integer Quantum Hall regime, the dependence
on carrier concentration of the electron mobility, transport in p-n junctions
(the Klein paradox) or the transparency at optical frequencies. The lack of
interaction effects seemed confirmed by careful measurements of the electron
compressibility, well explained by independent particle models.

The advent of new samples with greatly enhanced homogeneity, and with
carrier mobilities higher by about two orders of magnitude than the graphene
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flakes previously used, has changed completely the perception about the role
of interactions.

The first hint was the observation of the Fractional Quantum Hall Effect
in high mobility suspended samples. This phenomenon proved very elusive,
but, when found, the associated energy gaps turned out to be higher than in
other 2D electron liquids[1].

New suspended samples allow for the measurement of the electronic prop-
erties within a range of ρ ≈ 108cm−2 or εF ≈ 1meV in single layer graphene.
The density dependence of the effective mass and Fermi velocity at low car-
rier concentrations showed an enhancement of the Fermi velocity of almost
a factor of three. This effect is consistent with the expected renormalization
of the Fermi velocity in the absence of screening, given a graphene’s ”fine
structure constant” α = e2/vF ≈ 2.3−2.5. Similar estimates for α have been
used to explain the observation of plasmaron satellites in samples with high
carrier concentrations. This value of α puts single layer graphene into the
intermediate to strong coupling regime, although its flow towards zero takes
the system to the weak coupling regime at low energies.

The situation is much more interesting in bilayer graphene. New experi-
ments in high mobility samples hint to the existence of novel phases at zero
carrier concentration and low temperatures. The first indication came from
the electron compressibility measurements reported in[2]. These experiments
showed a rise in resistivity near the neutrality point, consistent with a ten-
dency towards an insulating state, although the resistivity never went above
a value of a few thousand ohms. The existence of a gapped insulating phase
was reinforced by extrapolations from measurements made at finite magnetic
fields[3], which suggest a gap of about ∆ ≈ 2 meV.

The experiments reported in[4] present a different picture. The density
of states at the Fermi energy is inferred from careful measurements of the
carrier density and temperature dependence of the resistivity in a number
of high mobility suspended samples. The results show a crossover to a low
temperature regime where the density of states is significantly reduced. The
band structure of bilayer graphene changes from parabolic to four Dirac
cones, due to trigonal warping. The crossover found experimentally occurs
at an energy of about 6 meV, which is substantially larger than the crossover
energy related to trigonal warping, abou1 1 meV. Hence, the results suggest a
spontaneous symmetry breaking associated to interactions. This explanation
is supported by measurements performed at finite magnetic fields, which
imply that the lowest Landau level is fourfold degenerate, while independent

2



electron calculations give an eightfold degenerate n = 0 Landau level. In any
case, the results reported in[4] do not show a finite gap at any concentration.

A last batch of recent experiments with strikingly different results is dis-
cussed in[5]. The conductivity of s suspended sample at the neutrality point
was measured as function of bias voltage, magnetic field, and perpendicu-
lar electric field. The results indicate a gap of for bias voltages between
abut -2 and 2 meV at zero magnetic field, zero electric field and zero carrier
concentration. The differential conductance shows peaks at voltages above
and below this gap, while they tend towards a constant value at larger bias
voltages. Conductance peaks adjacent to a gap have the inverse square-root
dependence on voltage in their density of state.

All the experiments described above coincide in that a broken symmetry
phase due to electron electron interactions seems likely in bilayer graphene
near the neutrality point and in the absence of a perpendicular electric field.
They differ in many details, however, and the experiments in[4] suggest a
gapless phase, while those in[2], and especially those in[5] seem to imply the
existence of a gap. The experiments analyze suspended samples with high
electron mobility, although the reported mobilities differ, being highest in[4],
and lowest in[2, 3], while the samples in[5] show a high intermediate value.
The experimental setups also differ: the measurement in[2, 3] give the values
of the compressibility in samples with one back gate, while the experiments
in[4] and in[5] report the d.c. conductivity in samples with no and with two
gates respectively so that one is more sure of the chemical potential being at
the charge neutrality point in the last one.

On the theory side, it was soon realized that the combination of parabolic
bands and short range, screened interactions lead to logarithmically diver-
gent susceptibilities (see[6] for a summary of early work). The variety of
electronic degrees of freedom in bilayer graphene allows for many possible
broken symmetry ground states, which, in turn, can be induced by appro-
priately tuned interactions[7, 8, 9, 10, 11, 12, 13, 14, 15]. There is a gapless,
nematic phase consistent with the experiments in[4], and different gapped
phases could explain the results in[2], while the interpretation of the exper-
iments in[5] remains less clear. Some of the proposed phases break time
reversal symmetry, leading to states with similar properties to a 2D electron
gas in the Integer Quantum Hall regime[16]. Recent calculations suggest that
many possible phases are almost degenerate, with energy differences per atom
below 1 meV[17]. Further complications are introduced by strains, which are
probably unavoidable in suspended samples. Disorder can induce, in some
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circumstances, local gaps[18]. This situation is reminiscent of other materials
with many competing interactions, such as the cuprate superconductors or
the manganites, where the interpretation of the low temperature phases is
still debated. At least, graphene has a simple, stochiometric composition. so
that the reconciliation of the different experiments and a theory explaining
the results may be expected soon.

References

[1] Note that this is a phenomenon where the electron kinetic is completely
quenched, and the only energy scale is e2/(ε`B), where e is the electric
charge, ε is the dielectric constant, and `B is the magnetic length.

[2] Benjamin E. Feldman, Jens Martin, and Amir Yacoby. Broken-
symmetry states and divergent resistance in suspended bilayer graphene.
Nature Physics, 5:889, 2009.

[3] J. Martin, B. E. Feldman, R. T. Weitz, M. T. Allen, and A. Yacoby.
Local compressibility measurements of correlated states in suspended
bilayer graphene. Phys. Rev. Lett., 105:256806, Dec 2010.

[4] A. S. Mayorov, D. C. Elias, M. Mucha-Kruczynski, R. V. Gorbachev,
T. Tudorovskiy, A. Zhukov, S. V. Morozov, M. I. Katsnelson, V. I.
Fal’ko, A. K. Geim, and K. S. Novoselov. Interaction-driven spectrum
reconstruction in bilayer graphene. Science, 333:860, 2011.

[5] J. Velasco Jr., L. Jing, W. Bao, Y. Lee, P. Kratz, V. Aji, M. Bockrath,
C. N. Lau, C. Varma, R. Stillwell, D. Smirnov, Fan Zhang, J. Jung,
and A. H. MacDonald. Transport spectroscopy of symmetry-broken
insulating states in bilayer graphene. 2011.

[6] F. Guinea. Peeling back the layers or doubling the stakes? Physics, 3:1,
2010.

[7] Johan Nilsson, A. H. Castro Neto, N. M. R. Peres, and F. Guinea.
Electron-electron interactions and the phase diagram of a graphene bi-
layer. Phys. Rev. B, 73:214418, Jun 2006.

[8] E. McCann, D. S. L. Abergel, and V. I. Falko. Electrons in bilayer
graphene. Solid St. Commun., 143:110, 2007.

4



[9] Hongki Min, Giovanni Borghi, Marco Polini, and A. H. MacDonald.
Pseudospin magnetism in graphene. Phys. Rev. B, 77:041407, Jan 2008.

[10] Yafis Barlas and Kun Yang. Non-fermi-liquid behavior in neutral bilayer
graphene. Phys. Rev. B, 80:161408, Oct 2009.

[11] Y. Lemonik, I. L. Aleiner, C. Toke, and V. I. Fal’ko. Spontaneous
symmetry breaking and lifshitz transition in bilayer graphene. Phys.
Rev. B, 82:201408, Nov 2010.

[12] Oskar Vafek and Kun Yang. Many-body instability of coulomb interact-
ing bilayer graphene: Renormalization group approach. Phys. Rev. B,
81:041401, Jan 2010.

[13] Rahul Nandkishore and Leonid Levitov. Dynamical screening and exci-
tonic instability in bilayer graphene. Phys. Rev. Lett., 104:156803, Apr
2010.

[14] Fan Zhang, Hongki Min, Marco Polini, and A. H. MacDonald. Sponta-
neous inversion symmetry breaking in graphene bilayers. Phys. Rev. B,
81:041402, Jan 2010.

[15] Oskar Vafek. Interacting fermions on the honeycomb bilayer: From weak
to strong coupling. Phys. Rev. B, 82:205106, Nov 2010.

[16] F. D. M. Haldane. Model for a quantum hall effect without landau levels:
Condensed-matter realization of the ”parity anomaly”. Phys. Rev. Lett.,
61(18):2015–2018, Oct 1988.

[17] Jeil Jung, Fan Zhang, and Allan H. MacDonald. Lattice theory of
pseudospin ferromagnetism in bilayer graphene: Competing interaction-
induced quantum hall states. Phys. Rev. B, 83:115408, Mar 2011.

[18] Qiuzi Li, E. H. Hwang, and S. Das Sarma. Disorder-induced
temperature-dependent transport in graphene: Puddles, impurities, ac-
tivation, and diffusion. Phys. Rev. B, 84:115442, Sep 2011.

5


